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This paper deals with the theory of Hecke operators on noncongruence subgroups (of finite inde

in the groupl’ = SLy(Z). Let G < T be a subgroup of finite index aril” the usual Hecke

operator defined by averaging ovét/(G N M1GA), M = (6‘ (1)> The author studies the

following perhaps surprising conjecture suggested by unpublished work of A. O. L. Atkin. Atkin’s
conjecture: Ifp is a prime andf a modular form orG of weightk > 1 then f o TpG Is a form on
G, whereG is the intersection of all congruence subgroups afhich containG.

The main result of the paper is to prove Atkin’s conjecture in the case that the aGrelefined
by Go = (,er G*, satisfies7, = I'. The contribution of the author is to reduce this to the assertion
that Atkin’s conjecture holds fofy itself. The latter proof is provided by J.-P. Serre in a letter
to the author (dated June 24, 1987) and appended to the paper, where in fact a sharper resu
established: it7 £ T has finite index and? =T thenT¢ =TT o Tr, (whereTRy; is the usual
trace map from forms o6y to forms onI). Serre’s proof is quite ingenious, and makes use of a
result of J. L. Mennicke [Invent. MatH.(1967), 202—-228; MR7#1485] which states that, unlike
I", every subgroup d¥L.»(Z[1/p]) of finite index is a congruence subgroup.
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